1.B.
Blocks. -A block idempotent of kG (respectively G ) is a primitive idempotent of the center Z(kG ) (respectively Z( G )) de G . We denote by Blocks(kG ) (respectively Blocks( G ) the set of block idempotents of kG (respectively G ). Reduction modulo p induces a bijection Blocks( G ) ∼ − → Blocks(kG ), e →ē (and whose inverse is denoted by e →ẽ ).
A p -block of G is a subset of Irr(G ) such that = Irr(K G e ), for some block idempotent e of G .
1.C. Fourier coefficients. -Let
IrrPairs(G ) = {(g , γ) | g ∈ G and γ ∈ Irr(K C G (g ))} and
BlPairs p (G ) = {(s , e ) | s ∈ G p ′ and e ∈ Blocks( C G (s ))}.
The group G acts (on the left) on these two sets by conjugation. We set
and
Note that (g , γ) , (h, η) depends only on the G -orbit of (g , γ) and on the G -orbit of (h, η).
1.D. Vector bundles. -Except from Proposition 2.3 below, all the definitions, all the results in this subsection can be found in [Lu, §2] . We denote by un G (G ) the category of G -equivariant finite dimensional K -vector bundles on G (for the action of G by conjugation). Its Grothendieck group K G (G ) is endowed with a ring structure. For each (g , γ) ∈ (G ), let V g ,γ be the isomorphism class (in K G (G )) of the simple object in un G (G ) associated with (g , γ) , as in [Lu, §2.5] (it is denoted U g ,γ there). Then
The
is split semisimple and commutative. Its simple modules (which have dimension one) are also parametrized by
is a morphism of K -algebras and all morphisms of K -algebras K K G (G ) −→ K are obtained in this way. We define similarly block idempotents of k K G (G ) and K G (G ), as well as p -blocks
1.E. Brauer maps. -Let Λ denote one of the two rings or k . If g ∈ G (and if we set s = g p ′ ), we denote by Br
is an idempotent of Z(k C G (g )) (possibly equal to zero) and we can write it a sum Br k g (e ) = e 1 + · · · + e n , where e 1 ,. . . , e n are pairwise distinct block idempotents of k C G (g ). We then set
It is an idempotent (possibly equal to zero, possibly non-primitive) of Z( C G (g )).
1.F. The main result. -In order to state more easily our main result, it will be more convenient (though it is not strictly necessary) to fix a particular set of representatives of conjugacy classes of G .
Hypothesis and notation. From now on, and until the end of this paper, we denote by:
•
If (s , e ) ∈ p (G ), we define G (s , e ) to be the set of pairs If (g , γ) ∈ IrrPairs(G ), we denote by
is the scalar through which z acts on an irreducible K G -module affording the character γ). It is a morphism of algebras: when restricted to Z( G ), it has values in . If h ∈ C G (g ), we denote by Σ g (h) conjugacy class of h in C G (g ) and we set
We have (2.1)
We also recall the following classical results: 
Proposition 2.3. -Let (g , γ) and (g ′ , γ ′ ) be two elements of (G ) . Then (g , γ) and (g ′ , γ ′ ) belong to the same p -block of (G ) if and only if
2.B. Around the Brauer map. -As Brauer maps are morphisms of algebras, we have
Br p g (e ) = 1, and so
), and if σ ∈ Irr(K C G (s )e ), then [Is, Lemma 15.44] 
2.C. Rearranging the formula for
Proof. -By definition,
So we can gather the terms in the last sum according to their C G (g )-orbit. We get
so the result follows from 2.1.
Then (g , γ) and (g , γ ′ ) lie in the same p -block of (G ).
Proof. -This follows from 2.6 and Proposition 2.3.
2.D. p
Then it follows from 2.6 that, for all χ ∈ Irr(K G ), (2.8)
Proposition 2.9. -Let (g , γ) and (h, η) be two elements in (G ) which lie in the same
Proof. -By Proposition 2.3 and Equality 2.8, it follows from the hypothesis that
Hence g p ′ and h p ′ are conjugate in G (see [Bo, Proposition 2. 14]), so they are equal according to our conventions explained in §1.F. It follows from [Bo, Proposition 2.20] that η s ,h ∈ Irr(K C G (h)). Therefore, by 2.6 and Proposition 2.3,
Now, let x ∈ G be such that x hx −1 ∈ C G (s ). Since x −1 s x is also a p ′ -element, for all h ∈ C G (s ). This shows that σ and σ ′ lie in the same p -block of C G (s ).
